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PE THI TUYEN SINH PAI HOC KHOI A NAM 2011

Mén thi : TOAN

I. PHAN CHUNG CHO TAT CA THIi SINH (7,0 diém)
Cau | (2,0 diém). Cho ham sd y

2x 1
1. Khao sat sy bién thién va vé do thi (C) ctia ham sé d4 cho.
2. Chung minh rang voi moi m duo‘ng thang y = x +m ludn cat do thi (C) tai hai

diém phan biét A va B. Goi ky, ko lan lugt 1 hé s6 goc cua cac tiép tuyén véi (C)
tai A va B. Tim m dé tong kq + ko dat gia tri I6n nhat.

Cau II (2,0 diém).
1. Giai phuong trinh 18I 2 x_cos 2x JZ sinxsin2x.
1 cot’ x
s Yy 4xy 23y °2(xy)0
2. Giai hé phuong trinh X,y R).

Xy (x° y9) 2 (xy)
4_ -
Céu III (1,0 diém). Tinh tich phan | = XSinX (X 1)cos x gy
0 X sin X COoS X
Cau IV (1,0 diém). Cho hinh chop S. ABC c6 day ABC la tam glac vudng can tai
B, AB=BC=2a; hai mat phang (SAB) va (SAC) cung vuong goc véi mat phang
(ABC) Goi M 1a trung diém ctua AB; mit phing qua SM va song song voi BC,
cit AC tai N. Biét goc glua hai mat phang (SBC) va (ABC) bang 60°. Tinh thé

tich khéi chop S. BCNM va khoang cach gitra hai duong thing AB va SN theo a.
Cau V (1,0 diem) Cho X, y, z la ba s6 thuc thudc doan [1; 4] va X y,X z.Timgia

tri nho nhat ctia biéu thie P = __X y Z,
R 2X3yyzzx
PHAN RIENG (3,0 diém): Thi sinh chi dwo'c lam mét trong hai
phan (phan A hoic B)

A. Theo chuong trinh Chuin

CauVl.a (2,0 dlem)

1. Trong mat phing toa d6 Oxy, cho dudng thing : x +y + 2 = 0 va dudng tron (C):
X2 + y —4x -2y =0. Goi I latam cua (C), M 1a diém thudc . Qua M keé cac tlep

tuyen MA va MB dén (C)(AvaBlacac tlep diém). Tim toa do diém M, biét tir
giac MAIB c6 dién tich bang 10.

2.Trong khong gian véi hé toa do Oxyz, cho hai diém A (2; 0; 1), B (0; -2; 3) va mit
phang (P): 2x —y—z + 4 = 0. Tim toa d¢ diém M thugc (P) sao cho MA = MB = 3.
Cau VIl.a (1,0 diém) Tim tit ca cic s phirc 7, biét 2° 4% 7
B. Theo chwong trinh Nang cao
Céu VLb (2,0 diém)
< 2 A . X 2 y2
1. Trong mét phang toa d Oxy, choelip (E): _~
4 1
B thugc (E), c6 hoanh do dwong sao cho tam gidc OAB cén tai O va c0 dién tich
I6n nhat.

1. Tim toa d¢ cac diém A va
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2. Trong khong gian véi hé toa do Oxyz, cho mit ciu (S) : x° + y° + z°—4x—4y—
47=0 va diém A (4; 4; 0). Viét phuong trinh mt phang (OAB), biét diém B thudc
(S) va tam giac OAB deéu.

Céu VILD (1,0 diém) Tinh modun cua sé phirc z, biét:

2z-1D@A+D)+(z+D)(A-i)=2-2i.



HO tro 6n tap

[DE CUO'NG CHUO'NG TRINH DAI HOC]

BAI GIAI

PHAN CHUNG CHO TAT CA THI SINH

Caul.1. D .

TCD: x= 1

oy 4

2 2x 12

0, xD

1 vilimy, limy; TCN:y = 1
2 x 1 x 1 2
2

vilimy 1

X

ol

. . 1 .
Ham s6 nghich bién trén ( ; _)va( _; + ). Ham s6 khong ¢ cuc tri.

2 2
1

+00

2
|

N -

N| -

A\ 4

\

: I;(huiong trinh hoanh d6 giao diém cua (C) J\_fe‘l duong thang d : y = x +m

_Xxm (2x-1) (x+m)=-x+1(Vix= khong langhiém)
2x 1 2
ox% + 2mx —(m+1)=0(1)
Phuongtrinh (1)c6 m? 2m 2 (m1)?21 0,m R
Phuong trinh (1) ludn ¢6 2 nghiém nén d ludn cit (C) tai hai diém A, B.
Hoanh d¢ tiép diém tai A, B 1a X1, X2 1a nghiém cua phuong trinh (1)
X|  +Xp=-mvaxpxp= M1
2
1 1

2x D° [@x 1¢ =

4(x2x2)4(xx ) 2
dxx2(x  x ) 1l:

2 12 1 2

Ta co: ki ko

1
= @4m?8m 6) 4(m1? 2
kq + ko dat gia tri 10n nhat bang -2 m=-1.
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Cau ll:

1. 1 sin2x cos 2x JZsinx. s in2x

1 cot x
sin? x (1 sin2x cos 2x) 2:/2 sinx cos x (PK : sinx # 0)

1 sin2x cos 2 x 2+/2 ods x
20032x25inxcosx2\/2/c_osx02
€os X (cos x sin x\/Z)OF

cosx = 0 hay cosx + sinx = V2

cosx = 0 hay sin x — 1
4

X= _ khayx= k2 (k Z2)

) 2 4
e yAy By T 2(xy) 0 ()
we ¥2) 2 (xy) 2)
@xy x> y?)2x* y* 2y

(x 2y ?)(xy 1) 2(xy 1) O (xy

1)(x 2 y2 2)0

xy 1
x 2 y2 2
o Y 4Axy 23y 32(x 0
TH1: y 4xy ©oy (xy)
xy 1
x1 x 1
Vv
y1 y 1
s Yy 4xy “3y ‘2(xy) 0
TH2 :
s 2 y2 9
s Y Axy?3y (x’y H(xy) 0
X< y© 2
1
y X vV y —_ X
2
2 2
X y 2
, A2 22
x1  x1 5 J5
yl y1 2 V2
y T y I
V5 Vs
—Xxsinx (x 1)cosx 4_xsinx COoS X X COS X
Caulll: g dx ¢ dx
X Sin X €O0S X X Sin X €oS X

X Sin X COS X
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- ! 4
= 7 1XSMXCOSX dx x In |xsinx cosx | —In( ﬁ ﬁ)
0 X sin X Cos X 4 8 2
0
cau IV Taco: SBA=60° va SBA Ia ¥ tam gidc déu
S nén SA = 4af2a«/§
la
V/(SMNCB) =-— - (a 2a) 2a‘\/; =a 3\/_3
A B 3 2

Ké NI // AB dé c6 AMNI 1a hinh vuéng, vay
I N \ khoang cach ctia AB dén SN chinh 1 dudng

cao  SAl, goi h 14 chidu cao do, ta cé:

C
11 1p= a2
h  (2aVv3)* a‘ Vi3
Cauv.p= _X y 4
2X 3yyzzx
: X y)E?xy)
Lay dao hamtheoztac6: P’ (z) =0 y = y

(yz)" %" (yz) @

, 6
+ Néeux=ythiP= &

+ Taxétx>ythiP P(JW): X 73 ):/_
2x 3y y VX

Khio sat ham P theo z, ta ¢ P nhé nhét khi z =/xy
Pitt = ﬁ Pthanhf)= & 2 (¢ (2]
y 2’

3 1t
2t (¢ 1) 3t t3)] _ 0
2t 3)%(t 1)°
34
Vay P f(t) f(2) = —Dau“="xayrakhix=4,y=1,2=2
33

34

(1) =

Vay min P = —.
Cau Vl.a.
1. Dién tich MAI=5 = 1—AM.«/§AM 25 va MV = 1A% + AM? = 25 2
M M(m; -m—-2). VayMIl (2 m;m 3) nén ta c6 phuong trinh:

4 m24mm?6m9 25 m+m-6=0 m=2haym=-3
M (2; -4) va M (-3; 1). i
2. Ptmp (Q) trung tryc doan AB qua trung diém I (1;-1;2) cia AB c6 VTPT
IA=(1;1;-1) la:x+y—-2z+2=0
Giao tuyén d cua (P) va (Q) qua J (0; 1; 3) c6 VTCP a = (2; 1; 3)
X 2t
ptd: y 1t
z 3 3t

MA=MB,M (P) M d M(21+t3+3t)
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MA=3  (2-2t° +41 _92+(2-30°=9
6 4

t=0hayt= .VayM (0; 1;3) hay M i

7 7'7

CéauVlla Giasaez=a+bi(a,b R)
2 2

z z z (a2abi a’ b? a
ib)? a? b?
a ib a’
|| b*®
a’ b? aa’ b’ a 2b
b 2ab bova 1
) 2
a0 4h° 1
b0 a 1
2
1 1
a0 a - a -
2 2
b0 b 1 b 1
2 2

Vay c6 3 s phirc thoa PK 14 :
20,z 1L, 2 1]
2 2 2 2
B. Theo chwong trinh Nang cao

Cau V1.b 1. Do xa, Xg > 0 v OAB can tai O nén A, B ddi ximg nhau qua Ox
vaxa=xg>0,yg=-ya

2 2
DoA E)nén - L,
4 1
1 1
Soas= =AB.d(O,AB)=2|yallxal [xaval
2 2
X2 V2 XA 2
Ap dung bét dang thirc Cauchy taco: 1= 4012 \,:'VA ‘XAyﬁl Sons
2
S| Khi vachikhi: - Fow
onnhatkhivachikhi: * ?
2 1 y ﬁ
YA o A 2 2
Véy:A(ﬁ;ﬁ);B(ﬁ; ﬁ)hayA(J?; ﬁ);B(afz_-i)
2 2 2 ’
Céch khic :
Goi OH la duongcaotaco OH xa,%Xa 0 v AH |yal Sons xa. |ya
Mata co : 7
-7 -7, 1 - 4y“4 4y

A 2, —), B 2, 0AB —.2. 4 4 —_—

(2 =) B S 21l 4 4y y

2

S S .. 0



s
£2 7z
A(\/z;\,{/‘2 _): B(\/%f,_\/zﬁ hozc B (V\'/2:f ), %/2:‘&2)
2 2 2 2
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Xg® Yg' zg 4Xg 4yp 42z O

2. B (S)va OAB déunén OA? OB®

2 2

OA AB
2 2 2
Xg” ys  Zg~ 4(Xs YyB Z)XB YB 28 8
32 x?2 y2 ra x2y2 7% 32
2 2 2 X 2 2 2
32 4xg) (4ys) zg s ys zp8(xpys) O
XB YB ZB 8 B 4
2
xg° yg'Zg 32 (xg yB)“ 2xgys 25" 32
s yp4 s yg 4
XB 0 XB 4
yg 4hay yg O
‘e 4 g 4
Trudmg hop 1: OA (4; 4; 0) ; OB (0; 4; 4) OA, OB (16; 16:16)

Pt (OAB) :x—-y+z=0
Truong hop 2: OA (4;4,0) ; OB (4,0;4) OA, OB (16; 16; 16)

Pt (OAB) :x-y-z=0
Cau VIlLb Giastz=x+yix,y R
Taco:(2z-D)A+i)+(z+1)(1-)=2-2i 2(1+iz)+(1—i) 1 =2
21 +i)(x +yi) + (1 -i)(x —yi) =2
1

3x 3y 2 X 7 T 1 2

X-3y+(X+y)i=2 z
y+(x+y) ‘Y0 1 4 99 3

y

Tran Vin Toan
(Truong THPT Vinh Vién — TP.HCM)



