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1) PHAN CHUNG CHO TAT CA THI SINH (7.0 diém)
Cau I (2.0 diem) Cho hamso y=x"—3x* +4 (1)
1) Khao sat sur bien thién va vé do thi (C) cua ham so (1).
2) Cho diém 7(-1;0). Xac dinh gia tri ctia tham s6 thue m dé duong thang d: y =mx+m cit
d6 thi (C) tai ba diém phan biét 7, 4. B sao cho 4B < 22
A

Cau II (2.0 diém) 1) Giai phuong trinh lvong gide  2+/2 cos( j—;r —x Jsiu x=1.

N

2) Giai bat phwong trinh mi 3 _9 3 371950

Céu II7 (1.0 diém) Tinh tich phan 7 = J (x +cos’ x) s inxdx .
0

Cau IV (1.0 diém)Trong khong gian cho hinh chép S.ABC c6 4BC va SBC 1a cac tam giac

a3

déu canh a (a >0), S4 = Tinh theo « khoang cach tir dinh B dén mat phang (S4C).

Cau 7 (1.0 diém)

Bién luan theo tham s6 thwe m s6 nghiém thye cua phwong trinh mvx> +1=x+2—m.

I1 ) PHAN RIENG (3.0 diém)

1. Theo chwong trinh chuin {

Cau VILa (1.0 diem) Trong mét phang vdi he toa do Oxy, viet phuwong trinh dwong tron (C) co
tam thudc duong thang ¢ : x—2y—6=0 va tiép xtc voi duong thing A:x—y—1=0 tai diém
A2:1).

Céu VILa (1.0 diém) Trong khong gian voi hé toa dd Oxy= , cho mit cau

(S):x*+y*+ 22 —2x+2y+4z-3=0 vahai dueong thing

x=2t
(A)): { v=1-1(teR) . (A,): al 1_1 = Ll = % . Viét phurong trinh tiép dién ctia mat cau (S), biét
z=t

tiép dién d6 song song voi ca hai duong thing (A;) va (A,).
Cau VIILa (1.0 diém)
Tim cac s6 thue x. y thoa man dang thite x(3+57)+ v(1-2i)’ =-35+23i .
2. Theo chwong trinh nang cao
Cau VI.b (1.0 diem) Trong mat phang voi he toa do Oxy, cho diem F(-3:0) va duong thang
(d) :3‘3' —4y-16=0. Lap phuong trinh dwong tron tam F va cat (d) theo mot day cung co do
dai bang 2. "
Cau VILb (1.0 diem)
Trong khong gian v&i hé toa &6 Oxyz . cho cac diem B (0;3;0),M(4,0,-3). V iét phirong trinh
mat phz'iug (P) chwra B, M va cat cac truc Ox,0z lan ot tai cac diém 4 va C sao cho thé tich
khéi tit dién OABC bang 3 (O 1a goc toa do ).

8

- . , 8
Céu VIILb (1.0 diém) Tinh gid tri cua biéu thire P=(~/3+ i)+ (V3-i) .
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DAP an bé 2009- 2010

Cau Noi dung Diém
I 1) Tap xac dinh k
Su bién thién: ¥ =3x"—6x,y =0 x=0vx=2 0.25
Yer=y(0)=4. yer=y(2)=0 0.25
Bang bién thién
X —00 0 2 +aon
) + 0 - 0 +
v 4 +o0
—o0 0
0.25
}
b II
bo tha ' 0.25
2) Phwong trinh hoanh d¢ giao diém cua (C) va (d):
5 x=-1
-3t d=mx+m o (x+1}[(x—2)‘—m:|:0<:> )
(x-2) =m 025
. . 0
(C) cét (d) tai 3 diém phan biét = {’” g
m=9
(d) cit (C) ta1 1(71;0],A(2 —Jm:3m fm\/;),B(2 +Jm:3m+ Hh/;) 025
Yéu cau bai toan < AB <242 = AB* <8 = (2\/5]2 +(2;;;JE)2 <8 0<m<l 05
II
1) Qﬁcos[i—;{—x}iux =1 < ﬁ{sin[2x—?—j}+ sin ::—;1 =1 0.25
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) Sm 571 .7 ) s7y . m . 57w
<sm| 2x—— |+sin ——=s5m—<>sm| 2x——— |=sin——SIn— =
12 12 2 4 12 4 12
T . T ) T
=2cos—sIn| —— |=sin| ——
3 [ 12J [ 12J 0.25
57
57 - 2x7i:71+k2ﬂr x:zﬂ’m'
osin| 2x— = |=sin| —— | = 12 12 = 6 (keZ)
12 12 Stz 137 3T
——=—+k27 x=—+km
4 0.5
2) 393" 37190 =3 (3 —1)—9(3-"1*-* ~1)> 0= (3" —9)(33“ —1) =0 0.5
395 0A3 =150 . .
== L = 0<x<lvx>1. Tap nghiem T =(0:1)u(L+=)
3 9<0A3 T -1<0 0.5
o, lu=2 2 du=(1—2sin: x)d.
111 DatJ” ‘r-f—cos N u=( SIN Y COS X)) r.
ldv = sin xdx V=—cosx
Vay7’ :—(x+coszx]cosx P +J(1—2sinxc05x}cosxdx
' 0 0.5
z é ) . z cos’ x |2 2 4
:1+‘[cosxd‘c+2‘[cos‘ xd (cosx)=1+(sinx)|; +(2. e =l+1-==—.
0 0 3 3 0.5
[V | Got i la trung diém ctia canh BC. Tur gia thiét suy ra S4) la tam giac déu
(I‘\fg 1 a\/g ’ 3(12\6
canh —: S, =~ — | V3= .
' 2 T T 4[2]f 16
, 1 2 a 3(12\@ (13\5
Taco V. =2V, =2-—-BMS == —. =
S.4BC S ABM 3 ASAM 3 2 16 ]6
C
M
B 0.5
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Goi N la trung diém clia canh S4. Suy ra

a13

T

d(B,(SAC)) = d(B.(54C))=

V mNx +l=x+2-m <'.:>m:i.f)z'1t fx :L.
NS S (x) NESES S|

S6 nghiém thire ctia pt da cho 14 s6 giao diém ctia db thi ham s6 £ (x)vadt y=m.

(F'S)
BE
(]

N

Taco: Tapxacdinh R f (x)= =0 x=

NN

w2+l -2x+1 4
3

0.25

lim /(x)=-Llim /(x)=1.
Béang bién thién cua ham s £ (x)

X —a0

~
|—.
=
+
o |O |w| &
|

-1 1

0.25

Dua vao bang bién thién suy ra:

5 s A . “n
* m> ‘Iv m<-1 = phuong trinh khong c6 nghiém thue;

5 . , n ¢
¢ m= ‘Ev ~1<m <1 = phwong trinh c6 nghiém thue duy nhat;

q- ) r - A A A
o la<m< ‘Z: phuong trinh ¢6 hai nghiém thuc phan biét.

VI.a | Gor /latam cia duong tron (C). Do (C) tiép xtic vO1 A tat 4 nén 14 L A.
Suy ra (Z4):x+y-3=0. Toa d6 diem 7 la nghiém cua hé

(x+y-3=0  [(x=4 _ .
Y =TT Vay 1(4-1), R=I4=22
x=2y-6=0 v=-1

Vay (C): (x—4)" +(v+1)" =8
VII.a | (S)cotam I(L-1:-2),R=3

(A,).(A,) lan lugt 6 cac vécto chi phwong = (2:-L:1),v = (L -L1) 05
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mp(P)co vécto phap tuyén [;;;] =(0,-L-1)=>(P):y+z+m=0 (meR)

d(L(P))=R<=

|m—3‘ N m=3J2+3
xE ) m:3—3\/§

Vay (B):y+z+3+3V2=0;(B):y+z+3-3v2=0 0.5
VIILa | Taco (1-2i) =(1-2i) (1-2i) = (-3~ 4i)(1-2i) =2i -11.
Suyta x(3+5i)+y(1-2i) =-35+23i < x(3+5i)+ p(2i~11)=-35+23i 05
3x-11y=-35 x=3
S (3x=11y)+(5x+2y)i=-35+23i © ' o
: . Sx+2y=23 y=4 0.5
_9_].6 a bl b
VILb d(F,(d)):‘ ‘:S;R‘:5‘+1‘:26
J23 0.5
Pt duong tron can tim: (x+3)° + 5> =26 05
VILb | * Goi a.c lanluot la hoanh do, cao do cuia cac diem A,C'.
\ n X v =z
V1 B(0:3:0)€ Oy nén (P):—+=+—=1.
(0:30)€0 ()03(? 0.25
3
. M(4:_0_;—3)E(P):>i——:1<:>4c—3a:ac(l)
a c
1 1.1 ac _
* Vo :§OB'SAOAC :§'3'5|“C‘ :%: 3 ‘ac‘ =6 (2) 0.25
a=-4
. . LA |AC=0 ac=-6 a=2
T (1) va(2) tacohe I v-J bt 3V
l4c-3a=6"|4c-3a=6  |c=-2"|c= |
' 2 0.25
Vay (B):——+2 2221 (p): i+l e 2o
W (B): 57 mhA) 543 0.25
VIILb Taco 3if:2(cos£ifsm£J
6 6
n 8 8 87 .. 81 87 .. 8x
Vay P=(J3+i) +(+3-i :28{COS—-I—I"SIH—J-I-QS{COS——};SLH ]
By P=(3+i] +(v3-i) 6 6 6 6 0.5
:—28(cosiﬂ'smz}—f{—cosiﬂ'smz}:—28.200532—256
3 3 3 3 3 0.5

Néu thi sinh lam bai khong theo cdch néu trong ddp dn mé van diing thi duoc dii

diém tieng phdn nhu ddp dn quy dinh.
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PHAN CHUNG CHO TAT CA CAC THIi SINH
Cau | (2 diém)

Cho ham s6 y = x® —3mx? +3(m2 —1)x—(m2 —1) (m la tham sé) (1)

1. Khéo st sy bién thién va v& do thj cia ham s6 (1) khi m=0.

2. Tim céc gia tri cua m dé do6 thi ham s6 (1) cat truc hoanh tai 3 diém phén biét cé hoanh d6 duong
Cau Il (2 diém)

1. Giai phuong trinh: 25in(2x—g)+4sin X+1=0.

(x—y)(x2 +y2) =13
2. Giai hé phuong trinh: (X, yell )

(x+y)(x2 —y2) =25
Cau 111 (1 diém)

Cho hinh chép SABCD cé day ABCD la hinh chir nhat voi AB=a, AD = 2a, canh SA vubng goc
véi day, canh SB tao v6i mat phang day mot goc 60°. Trén canh SA liy diém M sao

a3

choAM = —=. Mat phiang (BCM) cit canh SD tai diém N. Tinh thé tich khoi chop SBCNM.,
Cau 1V (2 diém)

6
dx
1. Tinh tich phén: I:I
> 2X +1++/4x+1

2. Timgiatri I6n nhat va gia tri nho nhat caa ham sb : y = 2sin® + cos*2x
PHAN TU CHON: Thi sinh chon ciu V.a hoiic cAu V.b
Cau V.a.( 3 diém ) Theo chwong trinh Chuin

1. Chodudngtron (C): (x—1)"+(y—-3)" =4 vadiém M(2;4) .

a) Viét phuong trinh duong thang di qua M va cit duong tron (C) tai hai diém A, B sao cho M la
trung diém cua AB

b) Viét phuong trinh cac tiép tuyén cua duong tron (C) c6 hé sb goc k=-1.

2. Cho hai duong thang song song d; va d,. Trén duong thang d; c¢6 10 diém phan biét, trén
duong thing d, c6 n diém phan biét (n > 2). Biét ring c6 2800 tam giac ¢ dinh 1a cac diém da
cho. Timn.

Céau V.b.(3 diém ) Theo chwong trinh Nang cao

100 s
) , chirng minh rang:

1. Ap dung khai trién nhj thirc Niuton cia (x2 +X
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1 99 1 100 1 198 1 199
100Cy, (Ej 101(:100(2) 199(:100[2j +200C;00 (Ej =0.

2. . Cho hai duong tron : (Cy) : X* + y> —4x +2y —4 =0 va (Cy) : X + y* -10x -6y +30 = 0

c6 tam lan luot 1a 1, J

a) Chirng minh (Cl) tiép xuc ngoai véi (Cz) va tim toa do tiép diém H .

b) Goi (d) 1a mot tlep tuyén chung khong di qua H cua (Cy) va (C2) . Tim toa do giao diém K cua
(d) va duodng thang 1J . Viét phuong trinh duong tron (C) di qua K va tiép xuc véi hai duong tron
(C)va(Cy)taiH.

----------------- - Hét
Can b0 coi thi khong giai thich gi thém.

DAP AN PE THI THU DAI
HOC LAN 1 NAM HOC 2008 -
2009

M«n thi: TOAN
Thoi gian lam bai: 180 phiit, khong ké thoi gian giao dé

Cau Noi dung Piém
Véim=0,taco:
y=x—3x+1
-TXD: R
- Su bién thién: 0,25
+) Gidi han : Limy=—o0; Limy =+
X—>—00 X—>+00 0’25

+) Bang bién thién:
Tacé: y =3x>—3
y =0« x=-lhoacx=1

X —00 1 1 +00
I y’ + 0 - 0 +
2.0d 0,25
3 +00
_w _l
1 | Ham s6 dong bién trén mdi khoang (—o0;—1) va (1;+00), nghich bién trén

1,25d | khoang ( -1; 1)

Ham s6 dat cuc dai tai diém x = -1, gia tri cuc dai ctia ham s6 12 y(-1) =3
Ham s6 dat cuc tiéu tai diém x = 1, gid tri cuc tiéu chia ham s6 12 y(1) =-1

- Do thi

+Piémudn: Tacé:y’ =6x,y" =0 tai diém x = 0 va y" déi dau tir duong
sang am khi x qua diém x =0 . Vay U(0 ; 1) 1a diém u6n ciia do thi .
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+ Giao diém véi truc tung : (0 ;1)
+ DTHS di qua céc diém : A
A(2;3), B(1/2; -3/8) y.

C(-2; -1) A

0,5

0.75d

Dé DTHS (1) cit truc hoanh tai 3 diém phan biét c6 hoanh do duong, ta phai
co:

Hy>0

x,; >0

X, >0 M

YY) <Y

y(0)<0

Trong d6: y’ =3(x>*—2mx +m>— 1)

A, =m’—m’+1=1>0v6i moi m
y=0khix,=m—1=Xxgpvax,=m+ 1 =Xq.

m-1>0

m+1>0

1) (mz_l)(mz_3)(m2_2m_1)<0<:>\/§<m<1+\/5

—<m2 —1)<0

0,25

0,5

II
2,0d

1,0d

Tacéd: 25in(2x—%j+4sin Xx+1=0.

< J3sin2x —cos2x + 4sinx + 1 =0
& 3 sin2x + 2sin’x + 4 sinx =0
& sinx («/g cosx +sinx+2)=0

< sinx =0 (1) hoac \/5 cosx +sinx +2=0(2)
+(1) ©x=kn

+(2) <:>—3005x+lsinx:—1
2 2

<:>sin(x+§}=—1 <:>x=—5§+ k2m

0,25

0,5
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(X—y)(X2+y2)=13 (1) <:>{)<3+Xy2x2yy3=13 (1)
(x+y)(x2—y2):25 (2) y?—xy? +x%y—x* =25 (2')

1
Ta c6 : Speny = E(MN+BC)BM

2
Trong d6 : BC=2a , MM :?a va BM = VAB? + AM? = #

Liy (2') - (1)) tadugc : x’y—xy’ =6 < (x—y)xy=6 (3) 0,25
Két hgp véi (1) taco :
2,2
X=y)X +y)=13
( y)( y) (1).Paty=-ztaco: 0.25
(x—y)xy=6 ’
2 (I) (X+Z)(X2+Z2)=13 (X+Z)|:(X+Z)2—2X2j|=13
= =
1,0d —(X+Z)XZ:6 (X+Z)XZ:—6
datS=x+zvaP=xztacd:
S(Sz—zP):B S3-2SP=13 [S=1
“spo Slpo_ 0,25
SP=-6 SP =-6 P=-6
Taco : Xz . Hé nay c6 nghiém x=3 hoac x
X.Zz=—6 z=-2 Z= 025
Vay hé¢ dachocod2nghiémla: (3;2)va(-2;-3) ’
Ta c6 (SAB) L ( BCNM) va
(SAB)(BCNM)=BM. 5
Tu S ha SH vuong géc v6i dudng thang BM
thi SH 1L (BCNM) hay SH la duong cao
cta hinh chép SBCNM.
Mat khéc :
SA = AB.tan60° = a+/3 .
Suy ra : MA = %SA
Lai c6 : MN la giao tuyén cua cta s/ \[/
mp(BCM) v6i mp(SAD), ma
I 4 BC // (SAD) nén NM // AD va MN // BC
1.0d Dods: SN _SM_1_ yn-22
AD SA 3
Vi AD 1 (SAB) nén MN L (SAB), suy ra MN L BM va BC L BM
Vay thiét dién cia mp(BCM) véi hinh chép SABCD 1a hinh thang vudng
BCNM . 05
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2a )
?_'_ a 2a«/§_4a2x/§

2 39

Vay Sgenn = 5

1
Khi dé : Vo= g SH. Speam
Tinh SH : Ta c6 AMAB 11 AMHS , suy ra :

2a«/§ A
SH_Ms_ . MSAB_—3 %
AB BM MB 2a\3 0,5

3
1 4a2\/§ _ 4a3\/§

Vay: Vggenn= <@

3 9 27
2dx t > -1
dat t=~4x+1 ,tacod dt= hay —dt=dxva x =
~ Jax+1 72 0,25
Khix=2thit=3vakhix=6thit=5
Khi d6 :
1 ; tdt ; S 1
toa | =[5 Itl o |
32( +1+t] 3\t 3 (t+1)
2
LV 31 0,5
=|Injt+1l|+—| =In>-—
t+1), 2 12
- 0,25
batt=cos2x (—1<t<I) thi sin’x = 1Tt
v +
2d P(0)=ac 4 (1-1) =280 +(t-1)'] 0.5

:%(2t+t—1)[4t2 +2t(t—1)+(t—1)2J=%(3t—1)(7t2 —4t+1)

Bang bién thién

2 ¢ -1 1/3 1
1.0d
°(t) - 0 +
3 1
f(t)
1
27

o . 1
Qua bang bién thién ta c6 : miny = >7 va maxy =3
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2(Y1 _YH)=_3(YJ _YH)

Puong tron (C) : (x — 1)* +(y—3)*=4 c6tam I (1 ; 3) va ban kinh 0,25
R=2.
M M Qua M(2;4
la |Tacs: (d): 1% e (d): TN o (d): M(24) 0.5
MA = MN AB 1 MI vipt MI(l;l)
od:ix—2+y—4=0<=d):x+y—6=0 0,25
Duong thang (d) véi hé s6 gock =-1cédang : y = -x + m 0,25
hay x + y—m =0 (1)
Puong thang (d) 1a ti€p tuyén cta dudng tron (C) <> ke(I,(d)) =R
1b 143 —m)| ) m, =4+22 05
S =24 5
e Ji+1 m, =4-22
+ Vay ¢6 2 tiép tuyén thod man dé bai 1a: x +y — 4 +242 =0 0.25
Theodératacé: C2,,,—C} —C>=2800 (n>2) 0,25
+10 ! !
- (n+10) 10!  n! 2800 025
31(n+7)! 317! 3!(n-3)!
2 <:>(n+10)(n+9)(n+8)—10.9.8—n(n—1)(n—2):2800.6
=-20<2 0,25
S +81—560=0 |
n=28 0.25
Vay n=28 ’
Tacé : [(x* +x)'™]” = 100(x* + x )*(2x +1) (1)
0.25
va (X2 +x)100 = C?OOX100 +C}00xlo1 +Cf00x102 +- --+C?80X199 +C}88X200
= [(x2 + x)loo}' = 100C055x* +101CL1x"%0 +--- +199CH x "% +200C1Wx ' (2)
1 1
T (1) va (2) tathay x = —5 ta duogc 0.5
99 100 198 199
1 0,25
Vb 100CY, Gj ~101C},, [%j +---—199C3, G] +200C1%0 (EJ =0.
3.0d
(C)cotamI( 2 ; -1) vaban kinh R,=3 . (C,) ¢6 tam J(5;3) va ban kinh R=2. | 0,25
Tacé: P=(5—2)+(3+12=25=1=5=R, +R,
Suy ra (C,) va (C,) ti€p xtic ngoai véi nhau . Toa do tiép diém H duoc xic 0,25
9
2a — 2(x; =Xy ) =-3(x;, —x Xp =
dinh béi : 2HI:—3HJ<:>{ (%1 =x0) ==3(x, H)@ 0,5
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2(x; =xg ) =3(x, =x¢) {XKZII 0
2(y,-vk)=3(y;-vx) k=11
Puong tron (C) qua K , ti€p xuc véi (C,) , (C,) tai H nén tam E cua (C) la

Cézzﬁ=ﬁ@{

2
b trung diém cta KH : E[35—7 %j Bankinh (C)la EH=6
2
0,5
Phuong trinh cua (C) 1a : (x—%j +(y 3;) 36

PE 3 THUOC 50 PE LUEN THI PAI HOC 2009-2010

Cau 1.2 diém)
Cho ham s6 ¥ = ©° —22% — (m — 1)z + m(1)

1) Khéo sét sy bién thién va veé db thi cua ham s6 khi m=1.

2) Trong truong hop ham s6 (1) dong bién trong tap sb thuc R, tim m dé dién tich hinh phang
gi6i han bdi d6 thi ctia ham (1) va hai truc Ox, Oy c6 dién tich bang 1.

Cau 2.( 2 diém)

1) Giai phuong trinh nghiém thyc :1 — tanx.tan2r = cos3r,

2) Tim tat ca cac gia tri cta tham sb k dé phuong trinh Vik+1)47 27 4k =1-2°

Cau 3.(2 diém)

1) Trong mat phang véi hé tryc toa dd Oxy cho elip (E): 2+ 4y® = =4 Qua M(1;2) k& hai duong thang 1an
luot tiép xtic voi (E) tai A va B. Lap phuong trinh dudng thang di qua hai diém A va B.

2) Cho tam gidc ABC thda man

c0s2A + V3(cos2B + cos2C) + g =0

c6 nghiém.

Tinh d6 16n ba goc cua tam giac do.
Cau 4.( 2 diém)

T

I = / {2{"_{}? = +.’.'I'f"_ﬂ'?:.'|'] H'l':l'lzdj
1) Tinh tich phan 0 2
2) Cho ba sb thuc duong x, y, z théa man diéu kién 2\/ry + vrz =
Jyz n drz n Sy

Tim gi4 tri nhd nhét ctia bicu thirc & Y z
II. PHAN TU CHON.(Thi sinh chon cau 5a, hodc cau 5b)

CAu 5a. ( Theo chiong trinh THPT khéng phdn ban) ( 2 diém)

1) Trong khong gian v6i hé truc toa do Oxyz cho hai dudng thing

(di): z— 3=ﬂva{dg] rr—1=10

Lap phuong trinh mit cau c¢6 ban kinh nhé nhat tiép xuc véi ca hai duong thang trén.

2) C6 tat ca bao nhiéu s ty nhién chin c6 4 chir sd, sao cho trong mdi s do6 chit s dimg sau 16n hon chit s6
dung lién trudc no ? ‘

Cau 5b.(Theo chwong trinh THPT phén ban thi diém) ( 2 diém).

1) Cho hinh chép tir gidc S.ABCD. Pay ABCD 14 hinh vudng canh bing a, SA vudng goc v6i mit phang
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(ABCD)vaSA=a. 7
Tinh dién tich cua thiét dién tao bdi hinh chép voi mét phang qua A vudng géc véi canh SC.
2) Gii bt phuong trinh [29(z2-1)3 = log-2zx € R)

Lol GIAK:

Caul . )
Cho ham s6 ¥ = %" — 20" — (m — L}z + m(y)
1) Khao sat sy bién thién va v€ do thi cua ham s6 khi m=1. (Tu giai)
2) Trong truong hop ham s6 (1) dong bién trong tap R, tim m dé dién tich hinh phang gidi han bdi d6 thi
cua ham so0 (1) va hai truc Ox, Oy ¢6 di¢n tich bang 1.
+Dé dang ching minh duong cong ludn qua diém cb dinh (1;0).
L s . . m< ——
+Ham s6 dong bién trong tdp so thyc Rkhi = 3 ’ i )
+V1i ham so tréril 1a ham bac ba ¢6 h¢ s6 a>0 va luén dong bién nén do thi cat truc tung c6 gia tri am.
1 m

5=—fn[ms—Ea:z—{m—I]:r:+m]=————

Vay 2 2
m— 13

theo gia thiét S=1, suy ra ~ 6 thoa didu kién

Cau 2.a

a) Giai phuong trinh nghiém thyc:1 — tanz.tan2r = cos3d,

{ cosx # ()

; L 2 1

Pidu kién: Pidu kién | €08" T 7 3

Phuong trinh viét lai :cosdr = cosdrcosrcos2r
Hodc cosdr = () & deos s — 3cosz =0

mer—{]

Hoic coskcoss2r =1, = r = 2mm .

2.b Tim tét ca cac gid tri ciia tham s6 k dé phuong trinh \/“‘“ + 147 - 28+ k=1-2%, nghiém.
cach 1
b 1-2°
Phuong trinh viét lai 1+ 4~
Pit 2° = ¢, didukien 0 <t < 1
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1-—-14¢
\ o fl) = ; =k
nén phuong trinh tré thanh: 1+t
—-2t—1
t)= ——=5 <0
Dodc’)f{} L+ 7 (e (1))

Vay ham f(t) gidm trong (0;1]
Nénsuyra f(1) < f(t) <f(0)=0<k<1

Cach 2. batt =27
Phuong trinh viét lai V (K + )2 — ¢ +k = 1 — k(1)
pidu kien 0 <t < 1(2)
Phuong trinh twong duong f(t) = P+t +k—1= 0,
Dé phuong trinh c6 nghiém khi va chi khi phuong trinh (1) ¢6 it nhdt mot nghiém thudc diéu kién (2).
Xay ra cac truong hop sau:
Khi k=0, suy ra t=1( nhan).
Khi k khac 0. Dé phuong trinh c6 ngiém thi
*f(0).f(1) < 0.(3)
A=0
0<3 <1
Ii.’f{{];'l =), kf{l) = 'D(4)
Giai (3), (4) . Bé phuong trinh c¢6 nghiém thi :0 < k <1
Cau 3a.
1) Trong mat phing véi hé truc toa 6 Oxy cho elip (E):¥ 4y’ =4 Qua M(1;2) k& hai duong thang lan
luot tiép xuc voi (E) tai A va B.
Lap phuong trinh duong thang di qua hai diém A va B.
Gia sit ta k& duogc hai tiép tuyén MA, MB trong do 1an luot ¢6 hai tiép diém 1a A(Za:¥4) B(zs:ys)
Do d6 phuong trinh tiép tuyén cua (E) tai A 1a ¥¥4 + 4yy4 =4 ma tiép tuyén di qua M(1; 2) nén thoa
man ¥4 + 8ya = 4(1)
Twong ty ta c6 tiép tuyén di qua M, B 1a *5 + 8ys = 4(2)
T (1), (2) ching to duong thing € + 8Y — 4 = 0di qua hai tiép diém A, B
Cau 3b.

b) Cho tam gidc ABC théa man

cos 24 + V3(cos2B + c0s2C) + % =0

Tinh d6 lon ba gdoc cua tam giac do.
, ) E[mSA - ﬁms(ﬂ - O + §S£HE{B -C) =
Biéu thure viét lai: 2 2
sin(B — C) =
= { cosA — "’rme{B C) =
= A=30"B=C="15"
Cach 2:

S = v3(cos2B + c0s2C) + cos2A + >
Taco 2

= —2v/3cosAcos(B — C) + 2cos’ A + %
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3
, > -2 SA+ 2e08° A+ =
* Néu A nhon ta co §z ﬁrﬂq +2c08 + 2

= 2(cosA — \/?E} >0
3

pé S =004 = T uA=30"B=C=T5"
Néu A tu, khong xay ra.

Cau 4.a.
T 7 .
I= f (2c0s® = + xcosz).e ™ dx
Taco: 2
T 3 . T .
= f ey + f cosr.e”" . dr + f r.eosr.e” " dr
0 0 0 .

{ 1y = e®nz { du = cosr.e™"T dr
Pat dv =dzr V=

i

i
T @ T .
.}:f e dr= (x.e”")|F —f zreosr.e” " dr
Do do 0 0

o

. T . (2 o+ 7
I = (xsinx)|f —I—f cosz.e”" dr = e@4m) 1
Vay : 0 2
4b.
b) Cho ba sb thuc duong x, y, z thoa man diéu kién 2wy + vz =1
Jyz 4rz  bxy
. . = + +
Tim gia gl nho nhat ctia biéu thirc & Y z
92 —I——}Ez
I‘;CO;’; ’ -’1'%) Yz
=2+ =)= 4
.ty 2= A ) 2
Tz T Tz X
Z oY s (B4 8 s 6
y oz y oz @3)
Jyz  dxz
S = y + +5'?}Ez+4y+53'—2[r+z)+2{y+:r)]

Cong (1), (2),(3)tacod:

> 2(2v/rz + 4 /yx) = 4{1.,;’ + 2\/_] 4
=YY=z =

Ding thirc xay ra kh1 Y= 3

Cau 5b1 q

1) Trong khong gian véi h¢ truc toa do Oxyz cho hai duong thang

(di): 2—3=0y3(dz): 2—1=0

Lap phuong trinh mdt cau ¢6 ban kinh nhé nhét tiép xtic v6i cé hai duong thing trén, W

Giai De dang ching minh dugc hai duong thang che6 nhau, nén tim mat cau can tim la trung diém I doan

vuong goc chung EF cua hai duong thang d6 va duong kinh 1a EF.

Pudng thang (41 Vit lai ¥ = 2 =3 c6 vecto chi phuong 1a @ = (2 1: 0)y; diém E(4 — 2t:4:3) € (d1)

Duong thing (d2)vidt 1ai :¥ = Pz = —P 6 vecto chi phuong 1a & = (0: 1; ~1)ya diém F(Lip: —p) € (d2)

Suy ra EF = (3 =24t —p; 3+ p) Vi EF vudng goc ca hai duong thang trén nén ta co hé
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EF.d=0EF.b=0
Giai hé nay ta co t =1, p=-1

3.2 2 2 _ 9
T do suyramétcéu{:r E) Yy -2 = 4

5b2.

Co tht ca bao nhiéu sb tu nhién chin c6 4 chir sd,

sao cho trong mdi sé d6 chir sé dimg sau 16n hon chir sé dtmg lién trude néd ?[/B]

Gia sir s6 d6 1a & = abed . Theo gia thiét ta co cac trudng hop sau

*d=4,suyrax=1234. Do d6 c6 mot cach chon .

*d=6 suy ra co “E = 10¢c4ch chon cho ab,c lay tir {1;2;3:4;5}

*d=8 suy racd E:; = 39cach chon cho a,b,c trong tap {1;2;3;4;5;6;7}

Theo yéu cau dé toan , ¢ 1+10 + 35 = 46 s6 dugc chon.

Cau 5b

Cho hinh chép tir giac S.ABCD. Pay ABCD 1a hinh vudng canh bing a, SA vudéng goc véi mit phang
(ABCD)vaSA =a.

Tinh dién tich cta thiét dién tao bdi hinh chop voi mit phang qua A vudng goc véi canh SC.

Phwong phap tga d§ Oxyz Ta chon A(0;0;0), B(a;0;0),D(0;a;0), suy ra C(a;a;0) va S(0;0;a).

Mt phang (P) di qua A vudng goc SC nén nhan vecto SC = (a; a; —a)jam vecto phap tuyén, suy ra mit
phang (P): x+y-z=0. v
Lap phuong trinh dwong thing SD ¥ =tz =a — 1,

Goi M&é éiao diém ciia SD va (P) nén né 1a nghiém ctia hé hai phuong trinh cia SD va (P) , suy ra

M(0; = =
© 2 2 ]
N {111 a Ea)
Tuong ty goi N 1a giao diém SC va (P)taco '3’ 3‘;" 3
a

) S =2851mn=—=
Do d6 dién tich cia thiét dién 1a 2v/3
Cach 2 :
Hai phwong phap tong hop
Céch CM tryc tiép

Gia sir mit phang (P) qua A cit SB, SD, SC lan luot tai E, F. G. Ta cin ching minh thiét dién AEGF 1a tt
giac c6 hai duong chéo EF va AG vudng goc nhau. _
Trong d6 AE vudng goc SB, suy ra E 14 trung diém SB, twong tu F 1 trung diém SD. Do d6 EF = 12v/2a.

1 1 1 2
= + AG =/ za
Va xét tam gidc SAC vudng tai A, ap dung hé thirc AG; AS?2  AC?*= 3
a

1
Sapar = =EF.AG = —
Do do dién tich thiét dign 2 21/3
Céach 3
Van dung Thé tich.
Ta nhan thiy (SAC) 1a mit phiang d6i xtng cta khoi da dién trén.
SB 2 a
SE=22 Y%, 86=-"2
Tatinh 2 2 V3
Vesags SE.SG
Tacod Vsape SB.SC

S | 1 4
= Ef- Vaeag = ESSABG = 12-11
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2

i}
. Saepcr =254Ec = —=
Suy ra dién tich thiét dién 23
Céu 5b2.
2) Giéi bt phuong trinh Eﬂg{mziijg’ < logs 2{:- €R)

Bét phuong trinh viét lai [og3 (22 — 1) = logaz (1)

PK: & > l.x # V2

Khil <z < V2. Tacé vé trai am, vé phai duong, bat phuong trinh ludn dung, nén (1) nhan1 < = < V213
nghiém.

Khix = ‘./2_’, hai vé bat phwong trinh déu duong ,

nén bét phuong trinh trong duong log2® < logs(a® — 1)

1 ‘
Déttz’iﬂgﬁx.ViI} V2 =t > E.l,;r—zl

Do d6 bat phuonggtrinh Vilét lai:
F<d—le(=)+(-)<1

PRV

3 t 1 t
£ = (2)F + (= i x
Laidat? 8 = (2 (% pam tien e trong (37 &)

3 3 1 1
") = (=) in— + (=)in- =3
Tacéf *) {4} g +{4} :né {ﬂ=>-f(t) la ham giam trong 2'+
Mat khéc ta c6 f(1) = 1. Do d6 bat phuong trinh viét lai
f)<fl)etzlelopr>ler>2

Vay bét phuong trinh c6 nghiém 141 < & < v2hodc & > 2
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PE 4 THUOQC 50 PE LUEN THI PAI HOC 2009-2010

Phén Chung Cho T4t Ca Cde Thi Sinh
Chul(2d)

2
o s e X ex-]
Chohimsoy=

X+]
1) Khdo sdt su bién thién vi vé do thi (C) ctia him s6 di cho
2) Viét phudng trinh cdc tiép tuyén cia do thi (C) di qua A(0, -5)
Caull(24d)
1) Gidi phiong trinh: (2sin’x - 1)tg™2x + 3(2cosx - 1) = 0
2) Gidi phudng tinh: f3x—2+x—1=4x-9+2,/3x* —5x+2.xeR

CaulIll (24)
Trong khong gian vdi hé toa d6 Oxyz. Cho 2 duting thing:
(x=1+t
A]:J_v:—]—r Az:ﬂ:dzi
| =2 B 1

1) Viét phudng trinh mat phﬂng chita dudng thfmg A, va song song v81 dudng thﬁng A,
2) Xdcdinhdiém A trén A, va di€m B teén A,

sao cho doan thing AB c6 d6 dai nhd nhat.

CaulV (24d)

T dx
1) Tinhtich phdn:  I= J—
3

. e . 7 e 7 \ ~ -l ] ( 7 )
2) Tim gia tri nho nhat cua ham so: _1‘=.Y+2—-I- 4 ]+—2‘ x>0
X X

Phéan t chon: Thi sinh chon cAu Va hoic ciu Vb

Céu Va (2d) Theo chuong trinh THPT khong phén ban (2 d)

1)Trong mp vdi hé toa do Oxy, cho tam giac ABC can tai B, véi
A(1,-1): C(3.5). Diém B nim trén dudng thing
d: 2x - y = 0. Viét phuong trinh cdc dudng thing AB, BC.

2) Titedcchit s 0, 1,2, 3,4, 5, 6.¢6 thé lap dude bao nhiéu s6 chin, mdi s6 ¢6 3 chit s6 khdc nhau, trong dé c6
dting 2 chit s6 1é va 2 chif 56 1é d6 ditng canh nhau?

Cau Vb (2d) Theo chudng tiinh phan ban THPT thi diém (2 d)

1) Giai phuong trinh: logJE ﬁ—logl (L’J—nc)—lt:vga(ﬁr—1)3 =0

2

2) Cho hinh chép S.ABCD c6 ddy ABCD la hinh thoi canh a,

B 4D =60°, SA vudng géc véi mp (ABCD), SA =a. Goi €' 1 trung diém cia SC. Mit phing (P) di qua AC ' va
song song vdi BD, cit cdc canh SB, SD ciia hinh chép lan ludt tai B', D' . Tinh thé tich ctia khéi chdp
SABCD .
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Lol GI3I bé 4
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X - -2 -1 0 + o
y’ + 0 - - 0 +
Ni - +x +a0

2/ Viét pt tiép tuy€n vdi (C) di qua A(0,-5)
Phuong trinh ti€p tuy€l | di A(0.-5)cé dang: y=kx -5

¥=24— —j=5 (1)
x+1

L ti&p xic véi (C) =

| 1

=k @
L a)?

c0 nghiém
th€ (2) vao (1) ta c6 pt hd ti€p difm: 3x*+8x+4=0

= x=-2v X:*% = k=0vk,=-8
vy c6 hai ti€p tuyén (A )y=-5 va (A L)y = -8x-3
Ciu Il

1/ Gidi pt : (2sin’x-Dtg™2x+3(2cos™x-1)=0 (1) PK cos2x %0
(1) = - cos2xtg’2x+3c0s2x=0 < tg™2x=3
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o tg2x= iﬁ
o=+ Z 7 (thod diéu kién)
6 2
Nhin xét : ta khong cin dat diéu kién ciing dudc, vi khi tg2x ton tai nghia 1a di ¢6 cos2x #0
2/ Gidi ptiaf 3x—2 +4/ x—1=4x =9+ 24 33" =Bx+2 (1)
(1) @ 3x-2+Vx-1=Bx-2)+(x-D)-6+2,(3x-2)(x-1)

:(\/3x—2+\/x—1)2 ~6
Pitt=+/3x—2++/x—1=20

(Dthanh t=t-6 = t*t-6=0 @ t=-2() havt=3
viy (1)« 3x—2++/x—1=3

< 3x-24x- 142, /(Bx—2)(x—1) =9 va x =]

= 2\/(33(—2)(.1.‘—1) Z124x va xz]

= \/(33«7—2)(37—]) = 6:2xva xz]

= (3x2)(x 1)=(6 2% va 1<x<3
o X190 +34=0va ]1<x<3 = x=2

Culll -

1/} diqua My(1.-1.2). VTICP @ =(1.-1.0)

o di qua My(3,1.0), VICP b = (-1.2.1)
mp(P) cAn tim chia || va /.|, nén (P) qua M, ¢6 PVT # :I_EIE} =(-1-11) do dé pt(P) : -(x-1) - (y+1) + (z-2)=0

< X+y-z+2=0
2/ AB ngdn nhdt<=>AB 1 (.| . | )

x=1+t x=3—t'

Ajdy=—T-t A :{y=1+2¢"
] 21 ,
z=2 z=t

A€l = A(st-1:2)BEL | ,=>B@A-¢ 1420 1)
= AB=(2-t'-t,2+2t°+t,t’-2)

— — . |4Ba=0 [2t+3t'=0
VIABL (L 1];) & QL =t=t'=0
ABBh=0 [3t+61'=0
= A(1.-1.2), B(3.1.0) (triing vdi M;, M,)
CiulV
1/ Tinh I= [Om%jﬁ Dt t=y/x =1 = x=t+1 = dx=2tdt

Dc’hcﬁn:t(i):Z;t(lO}:S
S 2tdt 3 1 ]
I=] 5 :2.[( +
St°=2t+1 5 t=1 (1=

= 2lnfr-T -2 -2In2+7

X
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2/ Tim gid tri nhd nhat cia

=X H+ 41+l (x>0) (1)
x*

2x

2 \ \ \
Tacé:(S—Z} :[3.1+\/7.£J£(9+7][]—l2 }=16(1+12J
x x*) X

x/

— 3+—| Diau“="xdyra © —=—==x (A)
x

2 1- 7

7\
Suy ra: l2l+—+ ( J E (x+ E E—2 x.E:§+é:E
2 x 2 x 2 2
9 s
X

a(A) o x=3

— 4(]_7] 1( 7] o i v 7 3 w7

Diu“="xdyrae x=

Viytacd yu, = > xdyra < x=3

Céiu Va

1/pt trung truc cia AC la: x+3y-8=0

Do tam gidc ABC cin tai B nén B thudc trg tru'c cia AC. Do dé
1+3y=8

B = B(— — |
2x—y=0 7°7)

pt dudng thing AB: ;_—'I = '|16—+-| = 23x-y-24=0
7—1 7+-|

twdng tu pt BC:  19x-13y +8=0.
2/ 86 céch chon hai chit s& 18 diéng canh nhau tir ba chit s& 1,3.5 1a A§ =6 cdch. Ta xem mdi cip s6 1& nhu vy
mdt phan tiF x.
Vay mbi s8 edn lip gdm phin tif x va 3 trong 4 chit s6 chdn 0,2.4.6 .
Goi n=a,a,a,a,a,
Ta ¢é cdc trdng hdp sau:
* TH,: ag= 0.Pwa x viio 4 vi tri ddu ¢6 3 cdch
DPua 2 56 chdn tir 2.4.6 vao 2 vi tri con lai cé Ai cdach.
Viy c6 3. 4-=18 cdch
*THa:a0 chin=0 va x ¢ hai vi trf aas . C6 3. Aj =18 cdch

*TH5:a5 chdn =0 va x & hai vi tri a;a, hodc asa; .Cé 24 cdch.
Vay ta cé 6(18+18+24)=360 sé n.
Ciu Vb

lfGiﬁipt:lOgJE Vx+1-log: (e>—.x)—log8 (x=1)°=0 (1)
2
VEibK: 1 <x < 3thi
(1) <::>10g2 (x+1)+10g ['S—x}:log (x-DeoGE+DE -2 =x-1
_1- J_ _1+417
2

oxix4=0<=>x

(1) hay

2/ Hinh thoi ABCD c6 BAD = 60°
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nén ABAD déu c6 canh li a

— A0 = “23 = AC=240=a3

= SC?=S4°+A4C *=a*+3a *=4a*
= SC=2a
Trong SAC vuéng & A, trung tuyén

AC'= % —a =>ASAC' déucanha

Goi 014 giao diém ctiia AC véi BD
I1a giao di€m cia AC’ va B’'D’.
Tacé 11 trong tim ASAC
(vila giao diém ctia 2 trung tuyé&n SO va AC’)
= g=g:>B'D'ngngaf
SO 3 3 3
'l 2

Tacé B'D' LAC (v]B’?’/fBD)nén SAB‘C,D,:EAC'.B'D':%

Pudng cao h clia kh6i chép S.AB’C’D’ chinh 14 dudng cao SH ctia ASAC' vi SH L AC'.SH L B'D". Chi ¥ riing

ASAC' déu canh a nén

ay/3
2

h=SH=

a3

A 1
V&Y V smen = Eh'SAB'C‘D' = 18



IDE CUONG CHUONG TRINH AT HOC

PE 5 THUQC 50 PE LUEN THI PAI HOC 2009-2010

A. PHAN CHUNG
Cau I: (2 diém). Cho ham s6y = - x* + 3mx® -3m — 1.
1. Khao sat sy bién thién va v& d thj ctia ham s khi m = 1.
2. Tim céc gi tri cia m dé ham sd ¢ cuc dai, cuc tiéu. Vi gia tri ndo cia m thi d6 thi ham s6 c6 diém
cuc dai, diém cyc tiéu d6i xtmg voi nhau qua dudng thang d: x + 8y — 74 = 0.
Cau II: (2 diém).

1. Giai phuong trinh : 1++/3 (sinx + cosx) +8in2x + cos2x = 0
2. Tim m dé phuong trinh  X* —2x + m.(x —4).,|—— + 2m—14 m =0 co6 nghiém thuec.
Cau III: (2 diém).
Trong khong gian véi hé truc toa 46 Décac Oxyz, cho hai duong thiang A; : % = _l = % , AV

x-1 y+1 z-1
1 -1 3
1. Chung minh hai duong thang A; va A, chéo nhau.
2. Viét phuong trinh mat phang (P) chira duong thang A, va tao v6i duong thang Ay mot goc 30°.
Cau IV: (2 diém).

2 2
1. Tinh tich phan : 1 = [2C¢ D
X

1
2. Chox,y,z>0va x+y+z<xyz.Tim gia tri I6n nhét cta biéu thirc.
1 1 1
P=— +— +—
X“+2yz Yy +2zX 7°+2xy
IIPHAN RIENG :
Phén 1:theo chwong trinh co bén
Cau Va: (2 diém).
1. Trong mat phfmg v6i hé toa dd Décac Oxy, cho tam giac ABC céan tai A , phuong trinh canh AB: x +
y — 3 =0, phuong trinh canh AC : x — 7y + 5 = 0, duong thang BC di qua diém M(1; 10). Viét
phuong trinh canh BC va tinh dién tich cta tam giac ABC.

n
2. Tim s0 hang khong chira x trong khai trién nhi thirc Niuton cua (2.X+Tj , biét rang
X

A —C'l=4n+6
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(nla ) nguyén duong, x > 0, A'f 1a sd chinhhop chap k cian phén tr, C: 1a 86 to hop chap k cian
phan tir)
Phén 2: Chuwong trinh ning cao.
Cau Vb (2diém )
1.Trong khong gian Oxyz cho tir dién ABCD ¢6 A (-2, 1,-3),B (2,2,-1),C(2,-1,-1),D (0, 3, 1)
Tinh khoang cach tir tim hinh cau ngoai tiép ABCD dén canh AB.

272 —Zﬁsin(a+£)+1=0
2. Gidi pttrén tap ) phuec : - ¢
a E(O;_j

PAP AN PE KIEM TRA SO 5

Noi dung Diém

Khim=1. Taco ham sb y=- x° + 3x° — 4.
Tap xac dinh D = R.

Su bién thién.

Chiéu bién thién. 0,25
y=-3%+6x, Y=0=x=0vx=2.

y’> 0V x e(0;2). Ham sb dong bién trén khoang ( 0; 2).

y’ <0V X (- 00; 0) U (2; +o0). Ham sb nghich bién trén cac khoang (- 0;0) va (2; +o0).

Cuc tri. Ham s6 dat cuc dai tai X = 2, yep = Y(2) = 0. Ham s6 dat cuc tiéu tai x = 0, yer = y(0) = - 4.

Gigi han. XLim(—x3 +3x% —4) = 4o, l_iin(—x3 +3x? —4) = —0 P06 thi ham sé khong c6 tiém can. 0,25
Tinh 161, 16m va diém udn.
y’=-6x+6,y’ =0 x=1

X -00 1 +o0

y” + 0 -

Do thi
LEm @ Loi
I(L; - 2)

Bang bién thién. 025

X -0 0 1 2 +00

y’ - 0 + 0 -

y +00 0

(N
=2
-4 -0




IDE CUONG CHUONG TRINH AT HOC

D6 thi.

D4 thi ham s6 cit truc Ox tai céc diém (- 1 0) , (2; 0). DO thi ham s6 cat truc Oy tai diém (0 ; -4).
Do thi ham so6 co tdm doi ximg 1a diém uon 1(1;- 2).

H¢ s6 goc cua tiep tuyén tai diém uon la k = y’(1) = 3.

0,25

12 | Tacoy =-3x*+6mx;y =0<x=0 vXx=2m. 0.95

Ham s6 ¢6 cuc dai , cuc tiéu < phuong trinh y’ = 0 ¢6 hai nghiém phéan biét < m = 0. ’

Hai diém cyc tri 1a A(0; - 3m - 1) ; B(2m; 4m® — 3m — 1)

Trung diém I cua doan thang AB la I(m ; 2m® - 3m - 1) 0,25

Vecto AB = (2m;4m?) ; Mot vecto chi phuong clia duong thang d 1a u= (8;-1).

. . . . l ed
Hai diém cuc dai , cyc tieéu A va B doi xirng v6i nhau qua duong thang d < {A: L d 0,25
{m +8(2m° —3m-1)—74=0
= Sm=2 0,25

ABU=0




IDE CUONG CHUONG TRINH AT HOC

I1-1 | Tap xéc dinh D =R.
Phuong trinh da cho twong duong véi (\/5 sinx +sin 2x) + [\/§ cosx+ (L+ cost)] =0 025
= (J§sinx+23inx.cosx)+(\/§cosx+2c032x) =0 sinx(\/§+2cosx)+cos X(J§+Zcosx) =0 | 025
COSX = —ﬁ
< (f3+2c0osX)(sinx +cosX) =0 < - 0,25
sinx = —CoS X
5z
57 X=+—+k2x
X=1—+k2
= 6 o 6 kez 0,25
tanx =-1 X=—"+kr
4
11-2 X+ 2 >0
Diéu kién: |4—X
X =4 = -2<x<4 0,25
8+2x—x*>>0
. ~ e U2 X+ 2 >
Phuong trinh da cho twong duong véi X° —2x—m|4—X| 4—+2. 8+2x—-x"-14-m=0
& (=X +2X+8)—My8+2X - X* + 28+ 2x—x2 —6-m=0. 1) 0.5
Ditt= \8+2x—x* ;Khix e [-2;4)thit €[0;3]. (2)
— 2 —
Phuong trinh tro thanh : --mt+2t-6-m=0 < m:t:—zifs.
+
Xéthamsé f(®)= 20 03] 5 piy= 28 L p—0 ot=-4 vi=2.
t+1 (t+1)
Bang bién thién ctia ham sb f(t) trén doan [ 0 ; 3 ].
t -0 -4 -1 0 2 3 +00
£(t) - 0 H +] + 0 - 0,25
/_ 2 \
f(t) s . 5
. 4 Y
Phuong trinh dx cho ¢6 nghiém x € [ - 2; 4) < Phuong trinh (2) c6 nghiémt e [ 0; 3]
< Puong thing y = m c&t db thi ham s f(t),t e [0;3] < -6<m<-2 0,25
-1 buong théng Az ¢6 mdt vecto chi phuong ut =1-21) , Piém M = 0(0; 0; 0) € A. 0,25
Puong thang A, c6 mot vecto chi phuong @ = (L,-13), diém N(1;-1;1) € A,. 0,25
Taco [u;,u, |= B C e = (-5,-21) ; ON = (L-1L1) 0,25
SR U A I < 1 R | ' ’
Taco [u?,@] ON =-5+2+1=-2=0. Suy ra hai dudng thing A; va A, chéo nhau. 0,25




Hb trg on tap

[PE CUONG CHUONG TRIiNH PAI HQC]

-2

Phuong trinh dudng thang A; : {

X+y=0
3y+z+2=0"

0,25
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Phuong trinh mit phing (P) chita duong thang A, c6 dang

AX+Y) +uBy+z+2)=0voi 2 +2#20 <  AX+(A+3uy+pz+2u=0. 0,25
Mot vecto phap tuyén cua mit phang (P) 1a n = (A4 A+3u ).
Mit phing (P) tao v&i duong thing A; mot goc 30° Tacé sin(Aq,(P)) = | cos(u,,n) |
o sing’ = EAZZAEIO U] B 7R 5 a5y 0.25
\/5.\//12 +(A+3u)° + 1
S2-Ap-10p°=0 < (@A-5W)(A+2W)=0 < 2A=5u v A =-2u
V6i 2k = SuchonA =5, u=2 taco phuong trinh mit phiang (P) la: 5x + 11y +2z+4=0 0.95
Véih =-2nuchond =2, u=-1 tacodphuong trinh mat phing (P) 1a: 2x —y—z—-2=0. ’
Két luan: Co hai phuong trinh mat phang (P) thoa man 5x + 11y +2z+4=0;2x-y—-z-2=0.
V-1 2
u=In(x*+1) |du= ZX
< X +1
bat dv = dx = 1 0,25
— 3 V=——_
X 2%?
2 2 2
Do dé 1= — X j1)| +f dx 0,25
2X |1 1 X(X® +1)
_In2 In5 (1« In2 In52x1dx+1
—_— J(—— > Jd T I dx+1) 0,25
2 8 J4\x x+1 1 27 X +1
~In2 In5 1 2 5
———— 4| In|x|-=In|x*+1 = 2In2-=>In5
R S LIREET |]‘1 > 025
V-2 | Ty giathiéttaco xyz> x+y+z>3Yxyz < (xy2)’°>27xyz < xyz>3 J3. 0,25
Ap dung BDT Cauchy ta co 05
X2 +yz+yz> 3«/(Xyz) Y+ zx +zx > 33 (xyz)? ; 2* + xy + xy > 33/(xyz)? '
1 1 1 1 1
TrdotacoP < + = < =3 0,25
3d(xyz) Koy Rovr v ey 3 ’
X=y=12
TL‘rd()tac()Maxle dat dugc khi { y <:>x:y:z:\/§. 0,25
3 X+Y+2Z=Xxyz
Va-1 s o . X+y-3=0 X=2
Toa d¢ diem A 1a nghiém cua hé phuong trinh: = Hay A(2;1)
X—7y+5=0 =1 025
Phuong trinh dudng phan gidc goc Ala X*+Y =3 _  X—7y+5 o [x+3y—5=0 d,
2 52 3x—y—-5=0 d,
Do tam giac ABC cén tai A nén duong phén giac trong ké tir A cling la duong cao.
* Neéu d; 1a duong cao cua tam giac ABC ké tir A thi phuong trinh canh BC1a3x -y +7=0 0,25

* Néu d; 1a duong cao ciia tam giac ABC ké tir A thi phwong trinh canh BC lax + 3y - 31=0
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THI1: Phuong trinh canh BC: 3x —y+7=0

A 4iR . n A . X+y—-3=0 x=-1
Toa d¢ diem B 1a nghiém cua hé phuong trinh o . Hay B(-1; 4)
3X-y+7=0 y=4
A iR \ . L A . __u 11 2
Toa d¢ diém C la nghiém cta hé phuong trinh (x —7y +5=0 X=-— .Hay C(-=;-) 025
{3x—y+7=0© y:E 55 ’

5

Dién tich tam giac ABCla: s -1 gc aB)AB = L 2% 35 - 36 (dvdt)
2 (C.AB) 252 V2 5
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TH2: Phuong trinh canh BC: x +3y-31=0
X+y—-3=0

x=-11
= . Hay B(-11; 14)
X+3y—-31=0 y =14

Toa d6 diém B 1a nghiém cua hé phuong trinh { 1
101 101 18
5
8

Toa d6 diém C 1a nghiém ctia hé phuong trinh (x—7y+5=0 X=—".Hay C(— —)
{x+3y—31=0<:> y_1_
5

Dién tich tam giac ABCla: S = —d(C AB).AB —% 104 1372 = @ (dvdt)

502

0,25

Va-2

"1—4n+6 ;Diéukién: n>2;ne N,

(n+1)!
21(n—1)!
on*-11n-12=0 < n= -1 (Loai) v n=12.

Giai phuong trinh A’ —C

Phuong trinh twong dwong véi n(n—1) — =4n+6 < n(n-1)- n+d _ 4n+6

0,25

12
Véin=12 ta co nhi thirc Niuton: (ZX + %J .
X

S6 hang thir k + 1 trong khai trién 13 : T4 = Cf (2x)** ( 1

N

k
J ;keN,0<k<12

24-3k

k
12-k 75 _ A~k Al2-k
X2=C527"x 2

Hay Ti: 1= Cj5 (2X)

0,25

. . . , . |[keN, 0<k<12
SO hang nay khong chira x khi <k =8.
24-3k =0

0,25

Vay sb hang thir 9 khong chira x 1a Ty = C%2* = 7920

0,25

Vb

1/Tam, ban kinh hinh cau
Phuong trinh hinh cau S(ABCD):
x2 + 3y + 22 -2ax-2by-2cz+d=10

©2ax + 2by + 2ez-d = x* + y* + Z*
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A-1.1, -3y €(S) e ~da+2b—bc-d=14 (1)
B(2:1, = 1) e (S eodant 2b= Ze=d=6(3)

8 S eSS0 d =€ &) m
DO,3, DEE ) S6b+2-d=10 @ ' v
[(2)—(1):8a+0b+4c=—8 [a= -1
&1 (B)-):0a-4b+0c=0 1 5=0
l(3)—(4):4a—8b—4c=—4 l =

Thay vao (4) =¢= - 10

Vay tam £~ 1,0, 0), ban kinh R= Y &* + &% + ¢ ~d = /11
+ Khoang cach tir {dén AB

Taco A=iB=> A‘EABCén
AIMA vudng 1

is. s
Tai lvémf M trung digm AB
x=l -2+2[=0
2
1
AB: M y=§1+1 =1
z=l[—3—1]= =
Trung diém 2
- ViiM LABnen suy ra

« Khoang cach (. 45) = IM

M=(1,1,2-y= IM=~1+1+4

Khoang cach (4, AB) = _\/g

s

0, E}
4

2/

{222 = 2—/2_ sin

O 14 tham s6 €

: Giai ;
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(1) &222 - 2(sint + cos )z + 1
A’ = (Ein® + cost)? -2 =1 + 2sinMcos & - 2
= - 1(1 - 2sin cos &) = — (sin ¢ - cos 00

¥ |A"| = |sintt-cosit|

xe
Vi

0, g]:mawosm

= |A"| =cos®t-sin®
b't'—|/ A

®21,2=#

* Vay: (1) 4

sin X + cos Mt i(cos X - sin X)
1,2= 5

A\ 4




